1. Introduction* Bonsall [2] introduced the following generalization of the concept of a real-valued concave function of one real variable on a closed interval [α, 6] , where a < δ: DEFINITION 1.1. Let y 1 and y 2 be arbitrary real numbers, and let x 1 and x 2 be real numbers such that a g x ± < x 2 gΞ b. Let L(y) = d 2 yjdx 2 + p{x)dyjdx + #(#)2/ = 0 be such that there exists a unique solution F on [a, b] (where the appropriate one-sided derivatives are used at the end-points) for which F(x t ) = y if i = 1, 2. Then a realvalued function / is super-(L) on [α, 6] This definition is a special case of the generalized concave function introduced by Beckenbach [1] .
In this paper, it will be shown that the set of non-negative continuous super-(L) functions on [α, b] is a convex cone, and the extremal structure of the cone will be characterized. A result due to Choquet [4] will then be used to prove the existence of a type of integral representation for the elements of the cone in terms of the extremal elements of the cone. It will be assumed throughout this paper that the functions considered are continuous on [α, &] . DEFINITION 1.2 . Let A be a set in a real linear space. Then A is a convex cone if (1) for every / and g in A and every nonnegative real number k, f + 9 an d M belong to A, and (2) / in A and -/ in A imply / = 0, the origin of the real linear space.
It is easy to check that if / and g are super-(L) functions on [α, 6] and k is a nonnegative real number, then kf and f + g are super-(L) functions on [α, 6] , and hence it follows that the set C of nonnegative super-(L) functions on [a, b] forms a convex cone.
2 Extremal structure of C. McLachlan [5] has characterized the extremal structure of the convex cone of nonnegative concave functions on [α, 6] . It will be shown in this section that the extremal structure of C is analogous to that obtained by McLachlan. [a, b] [4, p. 237] 
. // the linear space L is a locally convex Hausdorff space, and if A is a convex compact subset of L, then for each x in A there exists a nonnegative Radon measure on the closure of the set of extreme points of A whose center of gravity is x.
The theorem will be applied in the following way: First, it is known that C -C is a real linear space such that the vertex of C is the origin of C -C [3] . It is also known that when C -C is topologized with the topology of simple convergence (the induced product topology of R laM ), it is a locally convex Hausdorff topological linear space [4] . It will be shown that B = {/:/ is in C,f(x 0 ) -1}, where x 0 is a fixed real number in (α, 6), is a convex compact subset of C •-C which meets each ray of C once and only once and does not contain 0, the origin of C -C, and that the set of extreme points of B is closed in C -C. Then by the theorem there will exist an integral representation for each element of B in terms of extreme points of B. It will then follow that there exists an integral representation for each element of C in terms of extremal elements of C since B meets each ray of C once and only once and does not contain 0. [α, 6] and y between F λ {x) and F 2 (x), there exists an (L)-linear function in B passing through that point. Hence {f(
The Tychonoff product theorem may now be applied to show that B is a subset of a compact set in JS Cα>6] , so that to prove B is compact it is only necessary to prove it is closed in R laM . Let / be in the complement of B relative to C. Since / is in C, f(x 0 ) Φ 1. Let ε = \f(x 0 ) -11. Then U(f; x o ; ε) Π C is in the complement of B relative to C, and hence B is closed in iu [a -6] by Lemma 3.2. It now follows that B is a compact subset of C -C.
Let H be any ray in C. Let / in C be such that H = {ft/: ft is a nonnegative real number}. By Lemma 2.3, f(x 0 ) Φ 0 since x 0 is in (α, 6), so that k ± = l//(αs 0 ) is such that ft x / belongs to J5. Thus the intersection of B with iί exists and is unique. Obviously 0 is not in B. Let ε = (1/2) min {|/0*i) -G 2 (xJ I, |/(tf 2 ) -G τ {x 2 ) |}. Then t7(/: ^x, x 2 ; e) n 5 is in the complement of e(ί?) relative to J5, and hence e(B) is closed relative to B.
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